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In Then we have naturally:
(0.4) CONJECTURE. The Theorem (0.3) is valid with the assumption f projective replaced by f proper and X smooth Kahler.
In fact, it is not so difficult to show (0.3.1) under the assumption of (0.4), using a recent result of Kashiwara-Kawai[KK2],cf.the remark after 3.21 in [S5],and we can get the natural pure Hodge structure on the intersection cohomologies of a compact analytic space in the class C in the sense of Fujiki, associated to a polarizable variation of Hodge structures on a nonsingular Zariski-open subset [loc.cit.] .In this note we prove: Combining with the decomposition (0.1) and Deligne's decomposition [D3], we get as a corollary (cf. [BBD] (1.4.4) M has the filtration V indexed by R, because it is always satisfied in the case of polarizable variation of Hodge structure defined over R. Here the filtration is assumed to be indexed discretely. If (M,F) satisfies (1.6) The proposition (1.5) holds with (M,F) replaced by K or (M,F,K), and the decomposition in (1.5.2) is called the strict support decomposition. In the case of perverse sheaves, no assumption is necessary (i.e. K may be non quasi-unipotent), and (1.5.1-2) are equivalent to (1.6.1) K is a direct sum of intersection complexes with local system coefficients.
( where (Mz,F,Kz) is the direct factor of (M,F,K)|u with strict support Z , cf. (1.5.2), and W is the monodromy filtration shifted by n-1 and n (i .e. the center is n-1 and n).
The condition (1.8.2) is well-defined by induction on dim supp M. Put (1.10) PROPOSITION [S2,5.1.14].
The categories MH(X,n) and MHz(X,n) are abelian categories such that any morphisms are strictly compatible with the Hodge filtration F.
(1.11) REMARK. In the definition (1.8), Kis not supposed quasi-unipotent, because (1.4.1) is replaced by (1.4.4). But the same argument works. 
( (1.12.1) S is compatible with the Hodge filtration F,i.e. the corresponding morphism
(1.12.2) If supp M={x}, S is a polarization of (Hc,F,HR) in the sense of [D1] for (Hc,F,HR) as in (1.8.1).
(1.12.3) For U,Z, g as in (1.8.2), the restriction of
to the primitive part (=Ker Ni+1) is a polarization of (1.14) PROPOSITTON. The full subcategories MH(X,n)p, MHz(X,n)p are abelian (i.e.stable by Ker,Coker) and semi-simple.
In fact this follows from (1.7.2) (with(1.10)) and (1.13). We have also (
In this case Grwk (M,F,K) are polarizable, because (1.17.1) implies the primitive decomposition:
These are generalized to the singular case as above.
One of the key points in the proof of ( 0.3 REMARK. By Hironaka, the assumption is satisfied if X is Kahler (X may be singular). By (2.1) and Hironaka, the assumption is stable by restriction of X to closed subspaces; in particular, we may assume X, Y irreducible and restrict to MHX(X)P. By (0.3) and Deligne's uniqueness of decomposition, we may also assume that X is smooth and f satisfies the assumption on f,i.e.replace X by X, cf. (2.4-5). In fact, combining with (0.3) and the uniqueness of decomposition of (0. is surjective, where Xy:=f-1(y).
PROOF. The natural morphism (3.6.1) exists once the neighborhood Y y is sufficiently small, by proper base change and constructibility of Rjf*R. Then by (0.7-8) it is enough to show the surjectivity of 
